In commemoration of J. Wolstenholme's article published 150 years ago [3, 1862] , we present here below elementary proofs of famous congruences of that period such as Sylvester's and Wolstenholme's and continue by deducing Morley's and Lehmer's congruences. Throughout this paper, largely inspired by [1] , p always denotes an odd prime and by a slight abuse of notation,
denotes the multiplicative inverse of i modulo p or modulo p 2 , according to the context. For convenience, we introduce the following symbols:
be the Fermat quotient to base 2. We start by observing that the binomial coefficient
Subtracting 2, dividing by p and then adding 0 ≡ S 0 + S 1 (mod p) on both sides of the equivalence yields 2q ≡ 2S 1 ≡ −2S 0 (mod p). So we have proved
Wolstenholme's congruence and theorem
2 we obtain the following congruences
Before proving Wolstenholme's congruence we observe that:
Wolstenholme's congruence. [3, 1862] If p > 3 then
Proof. We start by developing the binomial coefficient in Z p 3 , then use the previous Remark and conclude with Wolstenholme's theorem.
Morley's congruence
Notice the right side of the above congruence may also be written (1 + pq) 2 .
Lemma.
As regards (c),
Finally for (d),
≡ −S 11 − 0<m<l<p m≡0,l≡1 (mod 2) 1 ml ≡ −S 11 − S 01 (mod p).
We now turn to the terms in Morley's theorem. Since
